ジャクジュンジョ キョクショウ コウゾウジョウ デノ レンケツセイ ニツイテ ヘンカン グンロン ノ アラタナ テンカイ by 田中, 広志
Title弱順序極小構造上での連結性について (変換群論の新たな展開)
Author(s)田中, 広志












, weakly definably connected
1
$\mathcal{M}=(M, <, \ldots)$
$M$ $A$ , $a,$ $b\in A$ , $(a, b)\subseteq A$ , $A$ $M$
$\sup A,$ $\inf A\in M\cup\{-\infty, +\infty\}$ , $A$ $M$
$\mathcal{M}$ definable $D\subseteq M$ , ( )
, $\Lambda 4$ ( ) $T$





2 Weakly definably connected
$C,$ $D\subseteq M$ $c\in C,$ $d\in D$ $c<d$ , $C<D$
$\langle C,$ $D\rangle$ , $C<D$ $C\cup D=M$ $D$ ,
$M$ $\mathcal{M}$ definable $\overline{M}$ $a\in M$
, definable $\{(-\infty, a], (a, +\infty)\}$ , $M\subseteq\overline{M}$
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$\{C_{1}, D_{1}\}<\{C_{2}, D_{2}\}$ $C_{1}\subsetneq C_{2}$ , $(M, <)$ $(\overline{M}, <)$
$M$ ( $\overline{M}$ ) , $M$ ( $\overline{M}$)
$n$ , $A\subseteq M^{n}$ definable $f$ : $Aarrow\overline{M}$ ,
$\{\langle x, y\rangle\in A\cross M :y<f(x)\}$ defii$\sim able$ , $f$ definable
$f:Aarrow\overline{M}\cup\{-\infty, \infty\}$ definable , $f$ $A$ $\overline{M}$ definable
, $x\in A$ $f(x)=\infty$ $\searrow$ $x\in A$ $f(x)=-\infty$
[7]
1. $\mathcal{M}=(M, <, \ldots)$ ,
:
1. $M$ 1 0- $C\subseteq M$ 0- , $\overline{C}:=C$
2. $M$ definable 1- $C\subseteq M$ 1- ,
$\overline{C}:=\{x\in\overline{M}:\exists a, b\in C, a<x<b\}$
3. $C\subseteq M^{m}$ k- $f$ : $Carrow M$ definable ,
$\overline{f}$ : $\overline{C}arrow\overline{M}$ , $\Gamma(f)$ $k-$ , $\overline{\Gamma(f)}:=\Gamma(\overline{f})$
4. $C\subseteq M^{m}$ k- $g,$ $h:Carrow\overline{M}\cup\{-\infty, \infty\}$ definable ,
, $\overline{h}$ : $\overline{C}arrow\overline{M}$ , $x\in\overline{C}$ $\overline{g}(x)<\overline{h}(x)$ ,
$(g, h)_{C}:=\{\{a, b\}\in C\cross M:g(a)<b<h(a)\}$
(k $+$ l)- ,
$\overline{(g,h)_{C}}:=\{\langle a, b\}\in\overline{C}\cross\overline{M}$ : $\overline{g}(a)<b<\overline{h}(a)\}$
5. $k\in \mathbb{N}$ , $C\subseteq M^{m}$ k- , $C$
2. $\mathcal{M}=(M, <, \ldots)$ , $m\in N,$ $X\subseteq M^{m}$ definable
, $X$ $m$
1. $X$ $M$ definable , $\mathcal{D}=\{C_{0}, \ldots, C_{k}\}$ $X$
, $\mathcal{D}$ $X$
2. $X$ $M^{m+1}$ definable , $\mathcal{D}=\{C_{0}, \ldots, C_{k}\}$
$X$ , $\pi$ : $M^{m+1}arrow M^{m}$ ,
$\{\pi(C_{0}), \ldots)\pi(C_{k})\}$ $\pi(X)$ , $\mathcal{D}$ $X$
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3. $\mathcal{M}=(M, <, \ldots)$ , $m\in N,$ $X,$ $Y\subseteq\Lambda I$” definable ,
$X\neq\emptyset$ $\mathcal{D}$ $X$ , $C\in \mathcal{D}$ ,
$C\subseteq Y$ $C\cap Y=\emptyset$ , $\mathcal{D}$ $Y$
4. $\mathcal{M}=(M, <, \ldots)$ $m,$ $k\in N$ definable
$X_{1},$
$\ldots,$
$X_{k}\subseteq M^{m}$ , $X_{1},$ $\ldots,$ $X_{k}$ $M^{m}$
, $\mathcal{M}$
1 definable
5. $X\subseteq M^{n}$ definable , definable $X$
$\{a\in(\overline{M})^{n}$ : $C\subseteq X$ , $a\in\overline{C}\}$
, $\overline{X}$
$C\subseteq M^{n}$ , $C$ definable
$C$
6. $X,$ $Y\subseteq M^{n}$ definable, $x\in M^{n}$ ,
1. $x\in X\Leftarrow\succ x\in\overline{X}$
2. $X\subseteq Y\Leftrightarrow\overline{X}\subseteq\overline{Y}$
3. $\overline{X}$ , $X$
4. $\overline{X}$ , $X$
, boundary point ([4, 1.1]) weakly boundary point
7. $X,$ $Y\subseteq M^{n}$ definable , $\emptyset\subsetneq Y\subsetneq X$
1. $a\in M^{n}$ $X$ $Y$ boundary point , $a\in X$ , open
box $U\subseteq M^{n}$ , $a\in U$ $U\cap Y\neq\emptyset$ $U\cap(X\backslash Y)\neq\emptyset$
2. $a\in(\overline{M})^{n}$ $X$ $Y$ weakly boundary point , $a\in\overline{X}$ ,
open box $U\subseteq M^{n}$ , $a\in\overline{U}$ $U\cap Y\neq\emptyset$ $U\cap(X\backslash Y)\neq\emptyset$
, definably connected ([4, 2.2]) weakly definably connected
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8. $X\subseteq M^{n}$ definable
1. $X$ definably connected , definable $Y\subseteq M^{n}$
$\emptyset\subsetneq Y\subsetneq X$ , $X$ $X$ $Y$ boundary point
2. $X$ weakly definably connected ( WDC) , de-
finable $Y\subseteq M^{n}$ $\emptyset\subsetneq Y\subsetneq X$ , $\overline{X}$ $X$ $Y$ weakly
boundary point
9. $X,$ $Y\subseteq M^{n}$ definable $Y\subseteq X$ , $Y$ $X$ weakly
definably connected component ( WDC component) , $Y$
$X$ weakly definably connected
10. $\mathcal{M}$ , $C\subseteq M^{n}$ k- , k-
$D\subseteq M^{k}$ definable $f:Carrow D$ $\overline{f}$ : $\overline{C}arrow\overline{D}$ , $\overline{f}|C=f$
11. $\mathcal{M}$ , $X,$ $Y\subseteq M^{n}$ definable ,
1. $X,$ $Y$ weakly definably connected $X\cap Y\neq\emptyset$ , $X\cup Y$ weakly
definably connected
2. $X\subseteq Y\subseteq$ cl(X) $X$ weakly definably connected , $Y$ weakly
definably connected
2
12. $\Lambda 4$ , $X\subseteq M^{n}$ , $X$ weakly
definably connected
13. $\mathcal{M}$ , $X\subseteq M^{n}$ definable
, $X$ WDC component , WDC component
, $X$ , $X$
12 , $\mathcal{M}$ , $[$4$]$
13 , $\mathcal{M}$ , $[$3, $p57]$
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